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(Ful. 1)

Askhsh 1. Na upologÐsete to ìrio

lim
(x,y)→(0,0)

sin
√

x2 + y2

x2 + y2
.

Askhsh 2. Na deÐxete ìti den up�rqei to ìrio

lim
(x,y)→(0,0)

x2 − y2

x2 + y2
.

Askhsh 3. DÐnetai h sun�rthsh f : R2 → R me tÔpo

f(x, y) =
x2y

x4 + y2
.

DeÐxte ìti kat� m koc k�je eujeÐac y = λx, to f(x, y) proseggÐzei to 0, kaj¸c
(x, y)→ 0. Up�rqei to ìrio

lim
(x,y)→(0,0)

f(x, y) ;

Askhsh 4. DÐnetai h sun�rthsh f : R2 → R me tÔpo

f(x, y) =

{
0 , xy 6= 0
1 , xy = 0

Up�rqoun oi merikèc par�gwgoi thc f sto (0, 0)? EÐnai h f suneq c sto shmeÐo
autì? Ti sumpèrasma bg�zete?

Askhsh 5. DÐnontai oi sunart seic

f(x, y) =
2xy

(x2 + y2)2
kai g(x, y) = 1 +

y2 − x2

(x2 + y2)2
.

Na deÐxete ìti fy(x, y) = gx(x, y).
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